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Dilute magnetic semiconductors have played a central role in the demonstrating and
describing a strong and intricate influence of the sp-d exchange interactions upon
effective mass states in semiconductors, paving the way for the rise of dilute ferro-
magnetic semiconductors [1] and magnetic topological insulators [2,3,4]. Recently
the exchange splittings of magneto-optical spectra in Cd1−xMnxTe and Hg1−xMnxTe
have been described [5] and it has been demonstrated that superexchange dominates
in magnetic topological insulators [6]. Here we investigate the electronic and mag-
netic properties of the dilute magnetic semiconductors Cd1−xCrxTe, Hg1−xCrxTe,
Cd1−xVxTe, Hg1−xVxTe by using a density functional theory approach which goes
beyond the standard functionals in order to correctly reproduce the topology and the
band gap of these systems. We obtain the band structures of these systems, we study
the distortions produced by the Jahn-Teller effect and the crystal field splitting of
the d-levels of the dopants. We find that the crystal field strongly depends on the
correlations. Then, we study the exchange couplings for all considered cases and we
find that the coupling is ferromagnetic in case of doping with V, differently from the
case of doping with Mn and Cr, where we find antiferromagnetic couplings. The fer-
romagnetic coupling among V atoms in the insulating phase of topological HgTe can
produce the quantum anomalous Hall phase. We also checked the interplay between
the distortions produced by Jahn-Teller effect and magnetism and we found that the
distortions favor the ferromagnetism.
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